We present here the spectra of operators from a basic collection considered in the scale of Lebesgue spaces of pth power summable functions over a finite interval.
We present here the spectra of operators from a basic collection considered in the scale of Lebesgue spaces of pth power summable functions over a finite interval.
Without loss of generality we confine our attention to complex valued functions over the interval [0, 1] . The associated Banach spaces are denoted by L p , 1 < p < oo. The results lift to any underlying bounded interval [a, b] through, for example, the mappings induced by the linear
The results unfold primarily through certain formal manipulations on some basic relations in an algebra of elementary operations.
On complex valued functions over the interval [0,1] we consider the operations (see [2] ) Such operators arise quite naturally in diverse settings; see, for example, [3] and Kalisch [4] . The results to be presented here, combined with those in [2] and [3] , lend themselves to the analysis of some fundamental operators ; in particular, the classical operators defined for 0 < Re a < 1 by
Note that Ha)* 1^ = J a + J* a and Ha)" 1^ = J* -J* a . Then on formally factoring one encounters the operations (1) . Such study will be included elsewhere.
The question of when the operations (1) give rise to bounded operators in L p was considered in [3] , and it is summarised here. A fundamental relation in the algebra is that expressed in the following (see [2] , [3] ). With the aid of this basic relation (2) we are led to the following. 
The equalities (3) and (4) The special case of Theorem 4 where a = 0 played a central role in the proof of Theorem 1 ; see [3] . In addition, the case where Re(a + b) = 0 reduces to Theorem 3 in [2] .
The above theorems combine to give the following. (II) For a case where p = 2 the spectrum is the segment of the disk bounded by the circle through the points 0 and e ±i1ta that is cut off by the secant with endpoints e ±ina and that contains the point 1. As in (I) the limiting case where Re a = 0 is again the interval on the real axis.
(III) The cases where a = h (that is, Re a = 0) relate to the continuous boundary group of the holomorphic semigroup (see Hille-Phillips [1, §23.16]). Here the spectrum for each T is described using the disks bounded by the circles centered at c and c, c = cosh 7TT + i(sinh 7r|x|)|cot 2n/p\, that pass through the points e ±7t|t| . (a) For 0 < \p~x -\\ ^ ^ the spectrum is the intersection of the disks.
